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MANEAAHNIEZ EZETAZEIZ ' TAZ=HZ HMEPHZIOY FENIKOY AYKEIOY
AEYTEPA 2 IOYNIOY 2025
ESETAZOMENO MAGHMA: MAGHMATIKA OETIKQON 2MNOYAQN &
2I'IOYAtﬁN7)IKUNUIVIIAZ & MNAHP/KHZ

—

BEMA A

A1. Eotw f pa ouvdprnon opiopévn oe éva didotnpa A. Av F eival pia
mapdyouca TN T oto A, TOTE va amobeigeTe OTIC
« OAhe¢ ol ouvaptioeic g popenc GX)=Fx)+c, ceR, eival
mapdyouoeg Tng f oto A ka

« KGBe dAin mapdayouoca G e f oto A maipvel T popen
G(x)=F(x)+c, yia kdToio CER .
MovdBeg 6

A2. Na JlaTuTTwoEeTe To Sewpnua Eviiduecwy Tigwy.
Movdbeg 5

A3. Mote n euBeia X=X, AEyeTal KATAKOPUQN QOUPTITWTN TNG YPAPIKGG
TapdoTaong piag ouvdptnone f;
Movdadeg 4

Ad4. Na yapakTnpigeTe TIC TPOTACTEIC TTOU aKoAouBouv ypa@oviag oo TETpadIo
oac, OiTTAQ OTo ypduua TTou avTiOTOIXEl 08 KGOe mpoTaon, Tn AéEn ZwoTo,
av n mporaon gival owarn, N Adaéog, av n mporaan givar Aaveagugvr.

a) Eotw f: A — R ma ouvdptnon n omoia gival “1-17. To medio oplopou
¢ avrioTpognc ouvdptnong, ', Tng f eival To glvoho Tipwv Tng f.

B) Av f.g.h cival Tpeic ouvapThoel Kol opideTal I hu{gnf), TOTE
opigetal kai n (heg)ef kai 1oxver he(gef)=(heg)ef.

) 1
Ay velM™ oyie om M —= - .
V] ' X w—07 le.r

&) Av pia guvdptnan eival Kupth ot éva Jidotnua A, TOTE N eQATTTOPEVN
e ypagikne mapdotacne e f o kaBe onueio Tou A PpiokeTal
&« TTAVW= amd TN ypa@Ikni TNC TapaaTaarn, Ye eEdipean To anueio eTTAQC
TOUG.
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APXH ZHI ZEAIAAL
HMEPHEZION KAl EZMEPINGN TENIKON AYKEIQN

€) Avnouvdpinan g gival Tapaywyigign oto X, Kai nouvvdptnon T eival
Tapaywyigiyn oTo g[xn) . TOTE i ouvdptnon fe g eival mapaywyioiun

aT0 Xy Kal Ig)UEl [fng}'(xu)=f‘(g{xu))-g'{xu) :
Movadsg 10

GEMA B

Aivetal nouvdptnon f R = R pe f(X)= x* +ox’+9x—3 , omov e R. Aiveta

akopa oTi n guvdptnon f Tapouoialel Tomkd akpoTaTo oTo onpeio X; =1

B1. Na Bpeite TNV TIUA TOU o.
MovaBeg 5

ITa EpwWTRpaTa B2 éwg B4 va Bewpnoete o011 a=—6.

B2. Na amodeifeTe OT1 N efiocwan f[x} =0 éyel TpeIC BETIKEC TpAYUATIKEC pifEc.
Movassg 10

B3. Na peAetioere Tn ouvdptnon f w¢ mpoc Tnv KupTdTATA KOl TO Onpeia

KOPTTRC.
Movadeg 6

B4. Eotw g(x)=x+f(x), xeR. Av £eR, va amodeifete OTI ol
EQATITOPEVEC TWV YPUPIKWY TTAPATTATEWY Twv oguvapTioewv T kol g
oTa onpeia A(E_,,T(E_,)) Kal B(E_,g(&_,)}, avTioTolya, TEpvovTal TAavw

oTov dfova Yy .
Movadeg 4

QEMA T

AiveTal n guvdaptnan

efnux . x<0
ﬁ:x}={ nu

KP4, x=20

1. Na amodeitere 6T n ouvdptnon f eival ouveyrg oto X, =0 (povadeg 2)
aAAd Oy Tapaywyigign oto X, (povadeg 4).
Movd&eg 6

TEADZ 2HE ANO 4 ZEAIAEE
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r2. MNa PpeitTe TIC QOUPTITWTES TNE YPAPIKAC TTapdaTaonc Tne cuvdptnong .
Movaseg 7
r3. Na amodeigete om n ypa@ik Tapdotacn Tng cuvdptnong T 1épver mnv

guBeia {E}:y=x+% ge £va TOUAQYIOTOV  OnueEio  PE  TETUMUEVN

te(-m, 0).
Movd&eg 5
r4. Evakivnmo M gekiva amd tnv apyn Twv afovwy Kal KIVEITAI KaTd PRKoc Tne
KQUTTUANG Y =f[x}, X =0, wote 0 puBPOC PETABOANC TNC TETUNUEVNC X
tou M, X'(t) , va eivar BeTikdc yia kdBe t=0. Na efeTdoeTe edv UTTdpYE
xpovikry omiypn t; 20 TéTola woTe 0 pUBPOC PETAPBOANC TNG TETAYHEVNC
y Tou M va gival ico¢ pe Tov puBpo PETAROARC TNC TETUNHEVNEC X Tou

M.
Movabeg 7

QEMA 4
Sewpoupe Jia Tapaywyioiyn ouvaprnorn f:{[l, +m] — R kol pia mapayovoa,
F., mn¢ T oto (0, + o) yia Ti¢ omoieg 1oxUel oTI:

Xxf(x)=2Fx)Inx , yia kage x>0.
AiveTal akopa 6T N eQAaTITOPEVN TNC ypaIkic Tapdotaonc tne ouvdptnone f
oto onueio M(1, f(1)) eival mapaAinAn omnv eudeia (€)y =2x.

A1.  Na amodeifeTe 0TI n guvdptnon Q(x)= F{ﬂ . X>0 , eival oTaBepn|.
X
Movabeg 6
i ) i _f(x) i
A2. i) No utrohoyiceTe To Gplo |I['I"1IH . (povadeg 4)

i) Na amodeicere o1 F(1) =1 (povddeg 3) kar F(x)=x", yia kdge x>0
(povadeg 2).

Movabeg 9

TEAQYT 3HF AMNO 4 SEAIAET
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A3. Na UeAeTHOETE WC TTPOC TN povoTovia Tn ouvdptnon F (povddec 2) kal va
AMioeTe TV efiowon F(xz) =F{x]—(x—1}2 oto Oidotnpa (0, + o)
(povadec 3).

Movadeg 5

A4,  Na amodeigeTe 0TI yia To epgpadov E tou ywpiov Tou mepikAeieTal amo 1n
ypagIkn mapdotacn Tn¢ guvdptnone F, Tic eudeieg X=1, X=e kai Tov

dfova XX woyuel Ex2e-3 .
MovaSeg 5

OAHCIEE (vio tove efeTudouivoug | Tic eEeTadduEvEC)

1. Eto efwguiho Tou TeTpadiou va ypdwete 1o efeTaldopevo pdadnpao. EITo
EFWPUAAD TAVW-TIAV W VI CUPTANPWOETE TA ATOUIKG OTOIYEIQ padnTh. ZTny
apyn TWyY aMavINCEWyY FAC va YPAQWETE TAVW-TAVLW TNV QUEpOUNVIT Kal To
eLeTafopevo pdsnua. Na pnv avriypdyeTe Ta 8Eparta oto TETpAdIo Kal va
pn ypdweTe TouBevd alkol oTo TETPA®IO oac To dvopd oac.

2. MNo ypdweTe TO OVOUATEMWVUNS Oa¢ OTO Tdvw PEPOC TWY QuToavVTIypdpuy
apéows ok oac mapadoBolv. Tuxov CRUEIWTEIC 00 AV oTa BEpata Gev
Ba PafpoloynBolv of Kapia TepimTwon. Katd Tny amoyWpnon oda¢ vda
mapabwoeTe padi YE To TETPASIO KOl TO QWTOAVTIypaQa.

3. No amavIAOETE oT0 TETRAOI0 oa¢ o0f kg T BEuaTa PHOVO PE PUTTAE [ povo
HE paupo OTUAD PE PEAdY) Tou Gev ORRVEL. MoAUB! EMITRETETON, PHOVO av To
InNTdEl n EKQWVNON, KAl poveo yia mivakee, daypdupaTta kAT,

4, KdB: amavinon EmMoTnUoviEd TEKnpiwPeévn gival amobekTn.

Adpkeia eféTaone: TpEIC (3) WPEC YETA TR Slavoun TWY GWToOaVTIVpA@wWy.

6. Xpdvog duvarthc amoxwpnong: 10.00 w.py.

n

ZAL EYXOMAZTE KAAH ENITYXIA
TEAOZ MHNYMATOZL
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