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MANEAAHNIEZ ESETAZEIZ I' TA=HZ HMEPHZIOY FENIKOY AYKEIOY
AEYTEPA 6 IOYNIOY 2023
EZETAZOMENO MAGHMA: MAGHMATIKA OETIKON ZMNOYAQN &
ZNOYAQN OIKONOMIAZ & NAHP/KHE

©@EMA A

Al.

A2,

A3,

A4,

Na amodeiete 611 av ol cuvapTioeig f kar g eivalr mapaywyioipeg ato X, .
161 n ouvapTtnon f+ g eival Tapaywyigipyn oTo X, Kal IgXUEL:
(f+9)'(xg) =1'(xg) + g'(xp)
Movddeg 6
‘Eotw f pia guvdptnon pe medio opiopoU éva guvoho A. MoTe AEPe OTI N

f eival Tapaywyiciyn ot éva kKAelgTd didotnpa [o,B] Tou Tediou opIgHOU

™ge:
Movddec 4

Na JlaTuTTwoeTe TOo Bewpnua Tou Rolle (Movddeg 3) Kadl va DWOETE TN
VEWHETPIKA TOU gpunveia (Hovddeg 2).
Movddec 5

Na xapakThpicere TiC MROTACEIC ToU akeAouBoUv ypdgovrac aro TeTpddid
cac, 8imAa oT0 ypduua TTOU aVTIOTOIXEl O KGBE Tporacon, Th AEéEn ZwoTa,
av n mporacn eival cwarn, N Ad@og, av n mporacn eivai AavBaguévn.

i X
a) loyuer 6T lim 2 _q,
X—+w ¥

B) H ypa@Iki TApdoTdon MIGE TTOAUWVUHIKAS CUVAPTNCONGS TTEPITTOU
BABHOU £Xel TAVTOTE OPIZOVTIO EQATITOHEVN.

y) Ta kdBe ouvdaptnon f, n omoia eival guveyxAg oe éva didoTnua A kal
yvnoiweg avfouca ato A, 1oxvel 611 F'(X)> 0 of kdBe cowTepikd onpeio
X Tou A.

8) Avn f:R—>R sivalr pia «éva mpog évar» (“1-1") guvdpTtnon, T0TE oI
ypagiké¢ mapactdoel¢ C kar C' twv cuvapticewv f kai £~ civar
CUMHETPIKEC WE TTPOC TRV cuBsia y=X TTou BixoTouel TI¢ ywvieg XOy
kar X'Qy'.

g) Av T, g eivai duo ouvaptioeig kal opilovtal ol feg kal gof, 16T auTég

Oev givdl UTTOXPEWTIKA iTEG.
Movadeg 10
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®EMA B

4 — e
ex

Aivetal n ocuvdptnon g:R—> R pe tomo g(X)= Kdl n ouvdpTtnaon

h:(0,4+00) > R pe Tumo h(x)=Inx.

B1. Na mpoodiopiceTe Tn guvdaptnon f=goh.

Movdadeg 5

4-x?

Eotw f(X)= . x>0.

B2. i) Na peAetioete Tn ouvdptnon f wg Tpog Tn povoTovia (povddeg 4).
. , 44— n ’
ii) Na amodeifeTe 0TI 7 >— (Hovadeg 4).
4—e° e

Movdadeg 8

B3. Na BpeiTe TIC AOUUTITWTEG TNG YPAQIKAC TTapdaTaong Tn¢ ouvdptnong f.

Movdbec 6
, . ouv(1+x?)
B4. Na umohoyicete To lim ——
X—» +0 f{x)
Movddeg 6
@EMA T
AiveTal n cuvdpTtnon:
x2-3x+3, x<1
f(x)=1 1
—4a . x2>1
X
omou a € R, yia Tnv omoia yvwpiloupe eTITTAEOV OTI
3
_[ X f(x) dx = 1.
2
M. Naamodeifete 011 @ =0.
Movdabeg 4

r2. i) Na amodeieTs OTI OpileTdl EQATITOMEVN (£) TG YPAPIKAG TTORPATTACNG
g ouvdptnong f aTo onueio TNg pe TeTunpévn X, =1 (Hovddeg 4).
ii) Na Bpeite Tnv e€icwan Tng¢ eubeiac (&) Kal Tn ywvia TTou gynMartiZel n

() ue Tov dova X'X (povddeg 4).
Movadeg 8
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3. Na amodeifete 611 n ouvdptnon T eival «éva Tpocg éva» (“1-1") (Movddseg
3) Kdl OTn CUuvEéXEld vd BpeiTe To oUvoAo TIHWVY TNE (Hovaddeg 3).
Movadeg 6
r4. Eotw (g):y=—-X+2 n eicwan Tn¢ £QATTONEVNE TOU pwTAHATOE 2. Na
uttohoyioeTe To EMPadov Tou Xwpiou Q TTou TTEPIKAEIETAl ATTO TN YPOAQPIKN
mapdotacon Tng T pe X =1, Tnv guBeia (&), Tov dova X'X Kal TV subsia
X=€.
Movadeg 7
@EMA A
AiveTal cuvapTtnon f:(D,Z) —> R pe T0TTO:
1
f(x)zln(Z—x}—E+1{, ommouke R
yia TAV oTToia ITXUEl:
lim M =feR..
=1 x—1
A1. Na amodeifete 0TI K= 3.
Movdadeg 4
A2. Na amodeiferte 611 n e§iowan f(x)=0 éxer akpipug dUo pideg X,.X, ME

1
X, <1< X, (Movadeg 4) kal oTn ocuvéxela va amodeiferte OTI x1<§

(Hovddeg 2).
Movadeg 6

ZTa TOPAKATW EPWTAMATA, X, KAl X, egival ol pifeg Tou avagépovTal OTO
EpWTNHA A2.

A3.

Na amodeifete 611 uTrdpyel Movadikd onpeio M(E,f(2)), pe £€€(0,1), oTo

oTroio N KAion TnN¢ ypa@Ikng mapdoTtaong Tng ouvdaptnong f ioouTtal pe
3f[1]
3 A

1-3x,

1
N

Movadecg 6
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A4, Av emimhéov F ka1 G eival dUo apyiké¢ guvapTRoeic Tng aguvdpTtnong f

ato didotnua (0,2) pe F(x,)=G(x,)=0. va amodeifete 611
i) F(x;)+G(x)=0

(Hovadeg 4)
if) n edicwan
X, F(x) +x, G(X) = X, + X, — 2X
EXel aKpIBWG pia AUon oTo didoTnua (X, X, ).
(Hovadeg 5)
Movadeg 9
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